Introduction.
Let u n , . . . , u n be bounded plurisubharmonic functions in some domain Ω in C n . It was proved in [2] and [3] that the Monge-Ampere expression dd c u 1 ∧ . . . ∧ dd c u n defines a positive measure (defined via an appropriate regularization), and the Chern-Levine-Nirenberg inequality, see [6] , states that for each K ⊂⊂ Ω there is a C = C(K, Ω) such that
It follows from the proof that one can replace sup Ω |u j | by Ω |u j | in this estimate for one of the functions u i . The purpose of this note is to prove a global version of this inequality. Let D be a pseudoconvex domain in C n that admits a plurisubharmonic defining function ρ of class 
is a Carleson measure with norm
A few comments are in order.
If u j are bounded and plurisubharmonic it follows that dτ is a Carleson measure with norm
The variant with L 1 norm of one of the u j follows from Proposition 2.1 below and its proof. Theorem 1.1 is sharp. In fact, restricted to one variable it says that −ρ∆u is a Carleson measure in D if u is a bounded subharmonic function. This fact was noted in [4] and it is also shown in [4] that any Carleson measure in the unit disk that satisfies a small regularity assumption is given by such an expression, simply by taking φ as the Green potential of µ/(1−|z|). If k = 1 and D is the ball, then ω is the Bergman metric form and Theorem 1.1 then says that (1 − |z| 2 ) −1 ∆u is a Carleson measure, where ∆ is the Bergman Laplacian (the invariant Laplacian) ∆ = (1−|z| 2 )( ∂ 2 /∂z j ∂z j − z jzk ∂/∂z j ∂z k ). This was also stated in [4] . Even in this case the converse holds for reasonable µ, see [5] . (A similar statement holds for the Euclidean Laplacian ∆ E ; that (1 − |z| 2 )∆ E u is a Carleson measure. Just let u 2 , . . . , u n be |z| 2 or ρ or use (2.2) and then proceed as in the proof of Theorem 1.1. However, by the same argument as in [4] it follows that (1 − |z|
In a forthcoming paper, [1] , Theorem 1.1 will be used to obtain new estimates for the so-called H p -corona theorem in strictly pseudoconvex domains in C n .
Proof.
The proof of Theorem 1.1 is based on the following proposition. 
where c n,r = (r − 1)!n!/(n − r)!.
This proposition can be considered as a global variant of the Chern-LevineNirenberg estimate, [6] . From Proposition 2.1 we can easily derive our main theorem.
Proof of Theorem 1.1. To begin with we assume that all the functions u j as well as φ are smooth up to the boundary. Notice that
for any real function v. Therefore we get for any t > 0,
If we just replace u r in Proposition 2.1 by exp(u r + log |φ|) we get that 
weakly as measures in this neighborhood. From the smooth case (applied to D ) we now have
Hence,
and by monotone convergence it finally follows that
Proof of Proposition 2.1. As expected the proof consists in a number of integrations by parts. The crucial point is to keep check of all signs so that negative terms can be discarded.
To begin with we claim that if a is a closed (smooth) (r, r)-form, then 
